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1. Background on Neretin groups
In the 1990s Neretin introduced a class of groups as a
combinatorial analogue of the diffeomorphism group of the

circle.
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2. Invariant random subgroups
Let G be a locally compact second countable group. Consider its Chabauty space.

SUB(G[> = The set °-S: closed Subgmups a; G[-
TI'\Q C‘\QLatﬂg +°P°"’3fj] 'S aehem‘tﬂd b\‘j o pen sefs A§ the  form

OK) = {HeswE « Hok=pl koG
O () = {Hesop(g): HaU ¢} Uegapm

(G ods o SUB(G) by conjugation
An  Tnvariant random Subgroup O/Tf GT s q G]’—Muarmn'b

Borel waabi/itg’ measure  oh SUB[@)
PFDP ' ( Abert - Berqeron - Birfnaer - Ge lander - Nikolov - Raimbault - gaww{:

An), IRS | °$ G is Induced by some Probabi[ifg_ measure

J)W?QVVM Qction of 6.

C_’)_ 2 (X} D>., )) preserved by 6
Consider the map >< — SuB(G)

X Stabe(x)=§g€6= g.x=n}



Then the pushprward «SF v is an IRS -f q.

Examples ofr RSs -
8{'\,}’ N 4G normal  subgrap

Trivial IRSs l‘efer o 8{{”}}, 8!6[}

. P < 6 closed ?ubgmup o:ﬁ :F;m‘ﬁ covolume
6 -7 SUB(G> fadors ’i’hfot«gh Gf/f'
= glyg

T“(ﬂ‘ is, the normdized Hoar megsure on G/f’ gives an (RS

§UPPorJOd on COnJlAga‘st of T
G‘ acts on a tooted tree To 59 auhmrphisms

6 ﬂ ( aI, m> m I avowiont meqgsurve

/\/\I\ It 3;ves Mise fo a %"“Q‘ailigeb IRS, SUAPPOV&C‘ on

3 Stabe }

v}

xedT, |

E.xpect to have more [RSs



choose @ ched Poin'b Set C c 9,
and  fafe FixG (C) = {3@6; G.x=x ol xeC}

}[aﬂz{dosed Subsets oi a’T} S SUB(G>

C = F“XG (C>
Pbﬁl\ {Gmaqu G- (hvari gnb measuve on f(@T)l we G'efi‘ an  [RS.

Eviden e Su?povb?ng_ there is no inbrestihg IRS's

Sm} G{ is d?%neol b‘} itb action 6 " X
SMPP°S€ we alreadﬂ know Gr ) f( X> i f
no ergoolic thvaviow! measue  other thon g\‘cﬂ SW;
EXO\W\P(Q : The Hiﬁman-ThomPSon 3””"19 \/d,k acfs
On 37(1* , there is N0 Invayianb Measure  oh

j: ( GTO"&> © ther than the ‘Mw‘al Ones,

In the Situotion 0{: Countable Topolegical full growps

Ohe can UP?JFC‘de
no Y\OY\"'W\\V;QJ (’,rqodfc Tnuariont  Measuve on j:()(>

- No non“h«{viaﬁ @Mgodtic (RS



3. Double cCOmmutator [emma ﬁl‘ RS (Z, l%

Let [T be a countuble 9"’“? ac-h‘rg ‘fai‘l‘hfmg, on Q

Sewond Ccountable Hamdot/{{ spawe X bn homeomwphfsms
Let /‘A be an e“‘deif IRS c{ P/ f"{ + ggrd},
Then fop }A-a.e. [H, ~ there exists Uc X U open

and - non-empty sy,
l‘\ = [RP(U>, RP(Uﬂ‘
Ris‘tfw)

RP (U> 'S The l‘c‘gu‘d stabilizep o{ v i U
RP [U>:{9€D: 2.)(:)( ﬁ,\ all XGUC}

X AN

@ /\Kx %



| emma  Cowtinued

I\e in addibon, We assume that Rp (U> has no fixed
Point in U, fr all concupty gpen U

Then for frae H, i xeX s net o fixed pt
‘)i H, Then there s an open nbhd T of x  ss

H > [RelW), EP(T/‘)J

The double commutator [emma for  normal Subgroup g

well Known
Higman simplicity % Grigorchukt, Motui, Nekrasheoydh
For |RSs it is osed tn o Similar oy to relate
H o s fixed point sefon X

EXC‘V“PU= The derived Sobgmm;} Vo,,'k hos

ho  hontiviaf [RSs ( Dudko - MedY“e_fs>.



Ca!\ the lemma be extanded to t.d.l.C ﬁm“PS?

Bﬂ explicit Counting arguments  shown to be Gue n

GWP'biC SMbgm“PS O\i j\/@vetin 9roup ]\/% (Z t‘f)

Proof %DPS 'leough open SulosrouP O :

QXPOmd the treq to [ewel N

- W\ | O,= {(A.B ¢) A-B=T.}
T,
AA /\J = (H Aut(TV)>7<I Sym(L,)

vel,

0= 00,

SMPPOSQ U s o lattic in j\/g .
then [70 =P A O is a |aftie ©n O )
CO ntradiction  Comes frovvx

. D) is discres ~ 3 n [afae er\ov\jh/ Fﬂ@ Auta;)>=f"d}_

: Fo has -F.‘m"fﬂ Covolume in () ~> the Prv)'ed‘ion cf



P N Ok +o 9}’“’\ (£k> Sa‘rfS'ﬁeS Q specific volume [ower bd

4. Neretin groups have no nontrivial IRS
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